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Matrices weave Generic Conditions into a Morass

Tadatoshi MIYAMOTO

Abstract

　 In a previous work, we introduced a variant of matrices of isomorphic models of the set theory 
while investigating the iterated forcing approach by Aspero and Mota.  We used the matrix to form a 
Velleman's morass by thinning it.  In this paper, we provide another method to form a morass from a 
matrix.  We return to Velleman's natural notion of forcing to force a morass.  Our main idea is using a 
matrix instead of a generic filter; i.e., we recursively attach relevant parts of generic conditions  to the 
members of the matrix such that the whole structure that is formed is a morass.  This construction is 
rigid in the sense that the related operators are prepared in advance.  We assume that every member of 
our matrix is closed under fixed operators.  We must observe the definability in this second construction 
such that the recursively formed initials stay within the relevant members of the matrix during the 
construction.  Note that the operators are present in every model of set theory, while matrices are not.  
This sounds reasonable, because morasses may not exist at all depending on the models of the set 
theory.

Introduction

　 In a previous work [M], we found a variant of the matrices discussed by Todorcevic [T]. The 
variant is based on a specific construction presented in [A-M] by Aspero and Mota. The matrix N 
provides a system of elementary embeddings. The system of embeddings, in turn, provides a tree. In 
[M], similar to [V], we thinned the tree to form a Velleman’s morass.
　 In this paper, we provide another method to form a morass from a matrix. Let P be the natural 
notion of forcing a morass as in [V]. We use our matrix N to select conditions of P to form a morass, 
instead of generic filters.
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